Abstract. A simple argument shows that certain complex Hill's operators have the same Floquet multipliers as the zero potential case. Previous results are extended to include matrix coefficients and some meromorphic potentials.
Most of the spectral analysis for Hill's equation (1) −y + q(x)y = λy, q(x + 1) = q (x) assumes that q is real [3] , but there has been some interest in complex potentials.
In particular, inverse problems have been studied [4, 7, 8] for
The basis for these analyses is the fact that when q has the form (2), the Floquet multipliers for (1) are the same as for the case q = 0. A recent paper [9] provides an elementary computational approach to this result. This note gives a short alternative proof, while also providing some generalizations. It will be convenient to assume that q(x) ∈ L 2 loc (R). Introduce the complex variable z = x + it, and note that (2) implies that q extends analytically to the upper half-plane. This fact was explicitly used in [7, 8] .
The first observation is both general and straightforward. Consider the periodic linear homogeneous equation
whose K × K matrix coefficients are analytic in a strip
The Floquet multipliers for (3) are the eigenvalues of the action of translation by the period 1 on the NK-dimensional space of solutions. (3), analytic for z ∈ S, is determined by requiring the NK × NK matrix function
. . . By fixing t = t 0 , (3) induces an equation on the real axis, with a basis of solutions given by the columns of Y(x + it 0 , x 0 + it 0 ). The multipliers, inherited from (3), are thus independent of t 0 (and x 0 ). 
, may be constructed via Darboux transformations [2, 5, 6] . One obtains the following with no important changes to the proof of Theorem 1. 
